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Let U be an open subset of a Banach space E .  In (2) Mujica shows there is a unique 
Banach spa ce Coo (U) and a bounded holoTnqrphic mapping Ou fro m U 'into Coo (U) 
with the property that given any Banach space F every bounded holomorphic func
tion from U into F factors through Coo (U) as a continuous linear mappings. Th e 
properties the Banach space Coo (U) are similar to those  of E. In !4} Mujica asks 
if COO (U) is weakly sequentially complete when E is weakly sequentially complete. 
In this paper we provide a counterexample to this conjecture.  

In [2] Muj ica proves the following result :  

Theorem 1.  (Mujica) Let U be an open s u bset of a Br/.lllicl1 space E then there i s  a ·  

Banach space Coo (U) and Ou E 1/.oo (U;  Coo (U) )  sllch that the following universal 
property llolds: Given l:1ny Banach space F and any f E 1/.oo (U;  F) there is a 
uniq u e  continuuus linear opera tor Tf : Goo (U) -+ F sl1cil th a t  f = Tf o ou .  

The pair Coo (U) and Ou are characterized up to isometric isomorphism by this 
property. The Banach space Coo (U) can be realiRed as t.he sp ace of all linear 
functionals on 1/.00 (U) whose restriction to each multiple of the unit ball of 1/.00 (U)  
is continuous for the compact op en topology. The holomorphic function Ou i s  then 
defined by ou (x) = Ox where ox (f) = f (x) . Furthermore 1/.oo(U) is isometrically 
isomorp hic to Coo (U) � ,  the strong dual of Goo (U) . 
The vector space properties of Goo (U) are closely related to those of E. Indeed in 
[2] , Muj ica shows that if  U is balanced open in E t.hen Goo (U) has the approxi

ma.tion prop erty if and only if E has the approximat. ion property, while if BE iR 
the open un it ball of E then Goo (BE) has the m etric  approx i mation property i f  

. and only i f  E has the met.ric approximation proper t.y. 
Continuing the study of GOO (U) in [4] Muj ica p oses the following question :  

P roble m .  Let U be a bo unded open subset of  a weakly scq llen tially complete 

Banadl space E. Is COO (U) weakly sequentially complet e ? 

We will give an example t.o show t.hat the answer to this question is no .  We 

b egin with the observation that Ll (Db.)/HJ (b.) is the unique isomet.ric predual 

of 1i00(b.) (see [1 ] ) and that this space is weakly sequentially complete and has 
cotype 2 .  We shall need the following result of P isier [5] . 
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Theorem 2. (Pisier) There is a weakly seq uen tialJy complete Banach space Z 
with cotype 2 sllch that (L 1 (86)/HJ (6))  ®7rZ cON tains a copy oi co . 

In particular this will mean that (L 1 (86) / Ha (6))  ®7rZ is not weakly sequentially 
complete and does not have cotyp e 2 .  

Clearly w e  have that C EBoo Z is weakly sequentially complete. 
By Proposition 2.3 of [2] we see that Z is isomorphie to a complemented subspace 
of QOO (Bz ) .  By Theorem 6 . 1  of [3] 

which contains (L1 (86)/H(} (6))  ®7rZ as a complemented subspace .  Therefore 
we see that QOO (6 x Bz ) cannot be weakly sequcntiaUy complet.e .  The space 
C EBoo Z is also an example of a B anach space with cotype 2 with open unit ball  
6 x Bz such that QOO (6 x Bz ) does not have cotyp e 2. 
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